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Our project was to look into the behavior of the discrete logistic equation. The discrete logistic 
equation is notable for its sensitivity to different parameters. Depending on the values of 
coefficients, it may have a single stable state, oscillate between multiple values, or descend into 
chaos. Another important characteristic is that of period doubling, when the function transitions 
from oscillating between  many values into oscillating between 2  values. These graphs 𝑛 𝑛
display such behavior.  

The function that we are working with here is . The x-axis represents different values 𝑘𝑥(1 − 𝑥)
for  while the dots represent values that are output from the function for 64 high values of , 𝑘 𝑥
using the Orb function in DMB.txt. You can see clearly that at 3, there ceases to be steady 
states. Instead, the function oscillates between 2 values, and then 4, and eventually descends 
into chaos.  



 
 

A closer look at certain parts of the graph 
 
 
 
 

 



We also investigated the behavior of a more general form of the equation. Using the Maple 
function F := proc(A,k,x) local i: x-mul(x-A[i],i=1..nops(A))/k end, we 
experimented with the oscillating values produced when varying the value of k. One example is 

F([5,6,7], k, x), representing . Such a function does not have steady 𝑥 − (𝑥−5)(𝑥−6)(𝑥−7)
𝑘

stable states until  but such states can be estimated based on the steady stable states of 𝑘 >  1
the function composed with itself. Here is an example, with the same function as before named 
example0. 

 
… 

Here, the values before the comma represent the value of k. The values in the braces show the 
4 steady states of the function composed with itself. Those steady states converge to the 
eventual actual steady state the function reaches once , as shown in the printed list. Such 𝑘 ≥ 1
an example is notable for (eventually) having 2 steady states. In our experimentation, that only 
happens when the values in the input list are consecutive and the list only includes 3 terms. The 
only time we noticed a transition from 4 elements in the set to 2 was when there were 5 
consecutive elements in the input. For the following example, example, the function is 

. Again, the increasing number is for the value of . 𝑥 − (𝑥−8)(𝑥−9)(𝑥−10)(𝑥−11)(𝑥−12)
𝑘 𝑘

 
 
 
 
 
 
 
 
 
 
 



 

 
It’s unclear what occurs between and . Here is . 𝑘 = 1. 30 𝑘 = 1. 31 𝑥 − (𝑥−1)(𝑥−2)(𝑥−7)(𝑥−8)

𝑘

… 

 
For this example, because the input is not consecutive, it only results in one stable steady state. 
However, the estimated states still approach it. Several more examples are available in the 
attached code.  

 


